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Modeling and Parameter Design of
Thyristor-Controlled LC-Coupled Hybrid Active

Power Filter (TCLC-HAPF) for Unbalanced
Compensation

Lei Wang, Chi-Seng Lam, Senior Member, IEEE, and Man-Chung Wong, Senior Member, IEEE

Abstract—In this paper, a new modeling and parameter
design method for the thyristor-controlled LC-coupled hy-
brid active power filter (TCLC-HAPF) is proposed, which
includes the analysis of the inner flowed three-phase un-
balanced power during unbalanced condition. Different
from the conventional method which ignores the inner
flowed three-phase unbalanced power, the proposed design
method can achieve better performance during unbalanced
compensation. To verify the validity and advantages of the
proposed modeling and parameter design method of TCLC-
HAPF, the mathematical analysis, representative simulation
and experimental results for compensating different unbal-
anced loading situation are presented in comparison with
the conventional design method.

Index Terms—Active power, current harmonics, reac-
tive power, thyristor-controlled LC (TCLC) compensator,
thyristor-controlled LC-coupling hybrid active power filter
(TCLC-HAPF), unbalanced compensation.

I. INTRODUCTION

UNBALANCED problem is considered as one of the major
power quality (PQ) problems, which is mainly caused by

connecting of the unsymmetrical or single-phase loads to the
power system. Researchers have well noticed the importance of
addressing unbalanced problem by continuously improving the
structures and control methods of different PQ compensators
[1]–[18]. From the late 1970s onwards, the static Var compen-
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sators (SVCs) have been used to balance the system in some
key locations of power networks [1]. To control the SVCs for
unbalanced compensation, different control strategies have been
proposed in [1]–[4]. Individual phase control scheme and a poly-
phase Newton–Raphson power flow program have been reported
in [1] and [2], respectively, to control the power flow and balance
the unbalanced power systems. In [3], the feedback control and
feedforward control algorithms are developed and compared. To
reduce the harmonic current contents in an unbalanced power
system, the combination of fixed capacitor thyristor-controlled
reactor (TCR) and series passive power filter, and thyristor-
controlled LC (TCLC) filter have been introduced in [4] and
[5]. From the year of 1976 onwards, active power filters (APFs)
have gradually replaced the SVCs for unbalanced compensation
[6]–[10]. Moreover, their control methods have been continu-
ously improved by considering different operation voltage and
current conditions. In recent two years, by applying APFs for
unbalanced compensation, many different control methods have
been reported to calculate the current or voltage references for
compensation such as direct power control [6], [7], repetitive
control [8], artificial neural networks-based control [9] id − iq
control [10], etc. However, due to its structure limitations, the ac-
tive inverter part of APF needs to keep at a large rating to perform
unbalanced compensation, which drives up their cost. In 2003,
LC-coupling hybrid active power filters (HAPFs) were proposed
to reduce the size and cost of active inverter part compared
with APFs [11]–[13]. However, the HAPF has a quite narrow
compensation range, which limits its unbalanced compensation
ability. To reduce the voltage or current rating of APF and keep
good compensation ability simultaneously, different combina-
tions of SVCs in series/parallel with APFs (SVC//APFs [14] and
SVC+APFs [15]–[19]) have been proposed from 2008 onwards.
Among them, the thyristor-controlled LC-coupled hybrid active
power filter (TCLC-HAPF) [17]–[19] as one of the SVC+APF
structures has distinct characteristics of wide compensation
range and low active inverter capacity. Therefore, the TCLC-
HAPF has high potential to be further developed for unbalanced
compensation.

For the above discussed PQ compensators, their modeling
and parameter design methods are different because the passive
components play different roles in their different structures. The
coupling inductor of the APF is designed to filter out the current
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TABLE I
DIFFERENT PQ COMPENSATORS AND THEIR CORRESPONDING MODELING

AND PARAMETER DESIGN METHODS

Year Unbalanced Parameter design
modeling method

SVCs [1]–[4] 1960s Lack of study Maximum phase of
premeasured QL x

APFs [6]–[10] 1976 Single-phase
modeling

Inverter output current ripples
(coupling L design) QL x and
harmonic compensation
(VD C design)

HAPFs
[11]–[13]

2003 Single-phase
modeling

Average of premeasured
QL x and dominated
harmonic current order
(coupling LC design)
Residual QL x and harmonic
compensation (VD C design)

SVC//APF [14]
SVC+APF
[15]–[16]

2000s Single-phase
modeling

Maximum phase of
premeasured QL x (SVC
design) Inverter output
current ripples (APF coupling
L design) Residual QL x and
harmonic compensation (APF
VD C design)

Conventional
TCLC-HAPF
design [17]–[19]

2014 and
2106

Single-phase
modeling

Maximum phase of
premeasured QL x (SVC
design) Residual QL x and
harmonic compensation
(VD C design)

Proposed
TCLC-HAPF
design

2016 Unbalanced
three-phase
modeling

Inner-flow unbalanced power
and maximum phase of
premeasured QL x (SVC
design) Harmonic
compensation only (VD C
design)

ripples generated by power switches [6]–[10]. And its active
inverter part is used to compensate the load reactive power,
current harmonics, and unbalanced power. In comparison, the
coupling inductor and capacitor (LC) of the HAPF are nor-
mally designed to compensate the average fundamental reactive
power and the dominated harmonic current order of the loading
[11]–[13], so that its active inverter part rating can be signifi-
cantly reduced. The different structures of SVCs and SVC part
of the combined systems [SVC//APFs and SVC+APFs (TCLC-
HAPF)] are proposed for dynamic reactive power compensation
[1]–[4], [14]–[18]. Thus, the parameter design methods are
usually designed to cover the premeasured maximum reac-
tive power only, while the inner flowed three-phase unbalanced
power has not been taken into consideration. For unbalanced
loading compensation, the above conventional parameter de-
sign methods [1]–[4], [14]–[18] may lead the PQ compensators
fall outside their compensation range, thus deteriorates their
compensation performance.

In this paper, a three-phase modeling and parameter design
method for TCLC-HAPF is proposed in order to overcome the
aforementioned compensation problem during unbalanced load-
ing situation. Table I summarizes the different PQ compensators
and their modeling and parameter design methods.

In the following, the circuit configuration of the three-phase
three-wire TCLC-HAPF is presented. Then, the three-phase
modeling for unbalanced compensation analysis is proposed in
Section II. Based on the circuit configuration and modeling, the
parameter design method is proposed and discussed under dif-
ferent types of unbalanced loading in Section III. To verify the

Fig. 1. Circuit configurations of the TCLC-HAPF.

proposed parameter design method, the simulation case studies
are presented in Section IV in comparison to the conventional
design method [18]. In Section V, representative experimental
results are given. Finally, conclusion is drawn in Section VI.

II. CIRCUIT CONFIGURATION AND MODELING OF THE

THREE-PHASE TCLC-HAPF

The system topology of a three-phase three-wire TCLC-
HAPF is provided in Fig. 1. The TCLC part of the TCLC-
HAPF consists of a coupling inductor Lc , a parallel capacitive
CPF , and a TCR with an inductor LPF . The active inverter part
is a two-level voltage-source inverter with a dc-link capacitor
CDC . vsx , vx , and vinvx are the source voltage, load voltage, and
inverter output voltage, respectively, where the subscript “x” de-
notes phase x = a, b, c; isx , iLx , and icx are source current, load
current, and compensating current, respectively.

The active inverter part can be considered as the adjustable
active impedance to improve the TCLC part fundamental and
harmonic current compensation ability [20], [21]. Therefore, the
three-phase modeling for TCLC-HAPF unbalanced compensa-
tion analysis is proposed in Fig. 2. At the fundamental frequency
[see Fig. 2(a)], the active impedance XACTxf is used to help the
TCLC part impedance Xaf to compensate fundamental reactive
power and balance active power. At the harmonic frequency [see
Fig. 2(b)], the active impedance XACTxn changes the equivalent
TCLC-HAPF impedance to be zero, so that the load harmonic
current will not pollute the source side. The fundamental and
harmonic active impedance XACTxf and XACTxn are propor-
tional to the inverter voltage. To keep active inverter working at
low rating, XACTxf and XACTxn need to be designed as small
as possible.

III. PROPOSED TCLC-HAPF PARAMETER DESIGN FOR

UNBALANCED COMPENSATION

In this section, a parameter design method is discussed and
explained into four parts. In Section III-A, the relationship
between the required TCLC-HAPF fundamental impedances
(Xaf + XACTxf ) and the load powers is deduced based
on power flow analysis. The parameter design of the re-
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Fig. 2. Three-phase TCLC-HAPF modeling for unbalanced compen-
sation: (a) at fundamental frequency and (b) at harmonic frequency.

quired fundamental dc-link voltage VDCf , CPF , and LPF is
proposed under the fundamental frequency consideration for
three different kinds of unbalanced loading. In Section III-B,
the parameter design the of required harmonic dc-link voltage
VDCh is proposed under harmonic frequency consideration. In
Section III-C, the design of Lc is given. In Section III-D,
a summary table of TCLC-HAPF parameter design is drawn
in Table II.

A. Design of Vdcf , CPF , and LPF Based on Power Flow
Analysis Under Fundamental Frequency Consideration

Referring to Fig. 2(a), the required TCLC-HAPF impedance
(Xxf + XACTxf ) can be calculated by applying Ohm’s law as
follows:

jXxf + jXACTxf =
(

�Vxf − �Vnf

)/
�Icxf (1)

where �Vxf and �Icxf are the fundamental load voltage and com-
pensating current phasors, respectively, where x stands for phase
a, b, and c. �Vnf is the fundamental common point voltage. By
using Kirchhoff’s circuit laws, the compensating current rela-
tionship can be expressed as follows:

�Icaf + �Icbf + �Iccf =
�Va − �Vnf

jXaf + jXACTaf

+
�Vb − �Vnf

jXbf + jXACTbf
+

�Vc − �Vnf

jXcf + jXACTcf
= 0. (2)

TABLE II
PROPOSED PARAMETER DESIGN OF TCLC-HAPF UNDER THREE

DIFFERENT TYPES OF LOADING

Simplifying (2), the expression of �Vnf can be obtained as
follows:

�Vnf =
(Xbf + XACTbf )(Xcf + XACTcf )

XEqf
· �Vaf

+
(Xcf + XACTcf )(Xaf + XACTaf )

XEqf
· �Vbf

+
(Xaf + XACTaf )(Xbf + XACTbf )

XEqf
· �Vcf (3)

where

XEqf = (Xaf + XACTaf )(Xbf + XACTbf )

+ (Xbf + XACTbf )(Xcf + XACTcf )

+ (Xcf + XACTcf )(Xaf + XACTaf ). (4)

�Icxf can be expressed in terms of �Vxf (�Vx = �Vxf for vx is
assumed to be pure sinusoidal without harmonic components
[11]–[13], [18]) and the compensating active and reactive power
Pcx and Qcx as follows:

�Icxf =
[
(Pcx + jQcx)

/
�Vx

]∗
(5)

where the note “∗” denotes the conjugate. For unbalanced com-
pensation, the TCLC-HAPF can provide the same amount of
Qcx as the loading required but with opposite directions and
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balance the three-phase source active power to their average
values (PLa + PLb + PLc)/3 simultaneously. Thus, the com-
pensating Pcx and Qcx can be expressed as follows:

Qcx = −QLx and Pcx = −
(

PLx − PLa + PLb + PLc

3

)
.

(6)
Based on (1)–(6), the required TCLC-HAPF impedance

(Xxf + XACTxf ) can be deduced as (7), shown at the bot-
tom of the page, where V̄x is the root-mean-square (rms)
value of load voltage. From (7), the TCLC-HAPF impedances
(Xxf + XACTxf ) can be calculated based on QLx and V̄x .
With the premeasured variation ranges of QLx , the required
Xxf + XACTxf can be obtained.

Referring to Fig. 2(a), the fundamental inverter voltage Vinvxf
can be obtained as follows:

Vinvxf = XACTxf · Icxf (8)

where XACTxf and Icxf are the fundamental active impedance
and compensating current, and Icxf is design to compensate
load fundamental reactive current iLxfq (Icxf = −ILxfq). The
relationship between the Vinvxf and VDCxf can be expressed as
follows:

VDCxf =
√

6 · Vinvxf . (9)

In (9), the scale of
√

6(=
√

3 · √2) can be explained by the
following two reasons: 1) to transfer the phase voltage Vinvxf
to line-to-line voltage, the scale of

√
3 is required; and 2) to

guarantee the sufficient VDCxf , the peak value of fundamental
inverter voltage needs to be considered Vinvxf (p) =

√
2 · Vinvxf .

Moreover, the final required VDCf is designed to be the max-
imum value among each phase. Therefore, the final required
VDCf can be expressed as follows:

VDCf = max
(√

6 · Vinvaf ,
√

6 · Vinvbf ,
√

6 · Vinvcf
)
. (10)

Based on (8)–(10), the XACTxf is directly proportional to
the required VDCf . The low dc-link voltage is one of the ma-
jor advantages of TCLC-HAPF. This can be achieved when
the value of XACTxf is designed to be zero (XACTxf ≈ 0).
In other words, the value of VDCf is minimized (VDCf ≈ 0).
With such minimum VDCf design, the TCLC part is mainly
used to compensate reactive power and balance the active
power, while the active inverter part is mainly used to im-
prove the harmonic compensation ability of TCLC part (dis-
cussed in the next part). Therefore, (7) can be simplified as
(11), shown at the bottom of the page.

The TCLC part is an Lc (XLc) in series with a paralleled
combination of a LPF (XLPF) and a CPF (XCPF), in which the
Xxf can be deduced as (12), shown at the bottom of the page.

In (12), XLc , XCPF , and XLPF are the fundamental
impedances of Lc , CPF , and LPF . αx is the firing angle of
the thyristor. The TCLC part has two back-to-back connected
thyristors T1x and T2x , and they are triggered alternately in
every half-cycle. When αx = 180◦ (thyristors are opened for
the whole cycle), the TCLC part has the maximum capaci-
tive impedance XCap(Max) (< 0). On the other hand, when the
firing angle αx = 90◦ (one of thyristors is closed for whole
cycle), the TCLC part has the minimum inductive impedance
XInd(Min) (> 0). Therefore, XCap(Max) and XInd(Min) can be

⎡
⎢⎣

Xaf + XACTaf

Xbf + XACTbf

Xcf + XACTcf

⎤
⎥⎦ =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

3V̄ 2
x (QLc − QLb − QLa)

−1(QLb − QLa − QLc)
−1

(QLc − QLb − QLa)
−1 + (QLa − QLb − QLc)

−1 + (QLb − QLa − QLc)
−1

3V̄ 2
x (QLc − QLb − QLa)

−1(QLa − QLb − QLc)
−1

(QLc − QLb − QLa)
−1 + (QLa − QLb − QLc)

−1 + (QLb − QLa − QLc)
−1

3V̄ 2
x (QLa − QLb − QLc)

−1(QLb − QLa − QLc)
−1

(QLc − QLb − QLa)
−1 + (QLa − QLb − QLc)

−1 + (QLb − QLa − QLc)
−1

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

(7)

⎡
⎢⎣

Xaf

Xbf

Xcf

⎤
⎥⎦ =

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

3V̄ 2
x (QLc − QLb − QLa)

−1(QLb − QLa − QLc)
−1

(QLc − QLb − QLa)
−1 + (QLa − QLb − QLc)

−1 + (QLb − QLa − QLc)
−1

3V̄ 2
x (QLc − QLb − QLa)

−1(QLa − QLb − QLc)
−1

(QLc − QLb − QLa)
−1 + (QLa − QLb − QLc)

−1 + (QLb − QLa − QLc)
−1

3V̄ 2
x (QLa − QLb − QLc)

−1(QLb − QLa − QLc)
−1

(QLc − QLb − QLa)
−1 + (QLa − QLb − QLc)

−1 + (QLb − QLa − QLc)
−1

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

. (11)

⎡
⎢⎣

Xaf (αa)

Xbf (αb)

Xcf (αc)

⎤
⎥⎦ =

⎡
⎢⎢⎢⎢⎢⎢⎢⎣

πXLP F XCP F

XCP F (2π − 2αa + sin 2αa) − πXLP F

+ XLc

πXLP F XCP F

XCP F (2π − 2αb + sin 2αb) − πXLP F

+ XLc

πXLP F XCP F

XCP F (2π − 2αc + sin 2αc) − πXLP F

+ XLc

⎤
⎥⎥⎥⎥⎥⎥⎥⎦

(12)
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expressed as follows:

XCap(Max) = XLc
− XCP F = ωLc − 1/ωCPF (13)

XInd(Min) =
XLP F XCP F

XCP F − XLP F

+XLc
=

ωLPF

1 − ω2LPFCPF
+ ωLc

(14)

where ω(= 2πf) is the angular frequency. To guarantee the
TCLC part has inductive compensation range and capacitive
compensation range, the basic conditions of XCap(Max) < 0
and XInd(Min) > 0 need to be satisfied. Thus, from (13) and
(14) the following relationships can be obtained:

CPF <
1

ω2Lc
(15)

LPF <
1

ω2CPF
. (16)

In the following, the design of CPF and LPF will be separated
into three different kinds of loading for discussion: 1) unbal-
anced inductive loads; 2) unbalanced capacitive loads; and 3)
mixed inductive and capacitive loads.

1) For the unbalanced inductive loading compensation, the
required TCLC impedance Xxf obtained in (11) is ca-
pacitive (Xxf < 0). To compensate inductive loads, the
design maximum capacitive impedances XCap(Max) in
(13) are required to be equal to or larger than the required
Xxf in (11). Therefore, the Xxf design criteria can be
given as follows:

Xxf ≤ XCap(Max) < 0. (17)

Substituting (13) into (17), the design criteria of CPF can be
obtained as follows:

1
ω2Lc − ωXxf

≤ CPF <
1

ω2Lc
(18)

where the final CPF can be obtained as follows:

CPF = max
(
CPF |X a f

, CPF |Xb f
, CPF |X c f

)
. (19)

To ensure the TCLC part can cover the entire inductive load-
ing range, the compensating range needs to cover the capacitive
boundary (left hand side term of (18)). Then, the TCLC induc-
tance LPF can be designed by (16) accordingly.

2) For unbalanced capacitive loads compensation, the re-
quired TCLC impedances Xxf in (11) are inductive
(Xxf > 0). To compensate capacitive loads, the design
minimum inductive impedances XInd(min) in (14) are re-
quired to be equal or smaller than Xxf . Therefore, the Xxf
design criterion for each phase can be given as follows:

Xxf ≥ XInd(Min) > 0. (20)

Substituting (14) into (20), the design criteria of LPF can be
obtained as follows:

Lc

ω2LcCPF − 1
< LPF ≤ Xxf − ωLc

ω2XxfCPF − ω3LcCPF + ω
.

(21)
Similarly, to ensure Xxf can cover the entire capacitive load-

ing range, the compensating range needs to reach the induc-
tive boundary. Then, CPF can be designed by (15) accordingly.

However, with satisfying (15), the left-side boundary of (21) is a
negative value, so that (21) can be further simplified as follows:

LPF ≤ Xxf − ωLc

ω2XxfCPF − ω3LcCPF + ω
(22)

where the final LPF can be obtained as follows:

LPF = min
(
LPF |X a f

, LPF |Xb f
, LPF |X c f

)
. (23)

3) When the unbalanced loading is mixed (mixed inductive
and capacitive loads), the phase load reactive power can
be positive (QLx > 0) or negative (QLx < 0). Therefore,
both (18) and (22) are required to be satisfied. If the
Xxf < 0, the design criterion of CPF can be obtained by
substituting the calculated Xxf into (18). On the other
hand, the design criterion of LPF can be obtained by
substituting the calculated Xxf > 0 into (22).

Based on previous analysis, the design of CPF and LPF under
the different types of loads can be summarized in Table II.

B. Design of VDCh Based on Harmonic Frequency
Analysis

Referred to the harmonic models in Fig. 2(b), the harmonic
current circulating in the source is provided as follows:

Isxn =
Xxn + XACTxn

XLsn + Xxn + XACTxn
· ILxn (24)

where Isxn and ILxn are the source and load harmonic currents,
respectively. XLsn is the harmonic source-side inductance. The
purpose of the XACTxn is to reduce the harmonic currents flow-
ing into the source side. Ideally, Isxn can be reduced to be zero
(Isxn = 0). Therefore, XACTxn can be controlled to be

XACTxn = −Xxn . (25)

In (25), XACTxn and Xxn are the harmonic active impedance
and harmonic impedance of TCLC part. The absolute value of
XACTxn and Xxn in each harmonic order can be expressed as
follows:

|XACTxn(α)| = |Xxn(α)|

=
∣∣∣∣

π(nωLPF)
(2π − 2α + sin 2α) − π(nω)2 · LPFCPF

+ nωLc

∣∣∣∣ (26)

where n is the harmonic order. Based on (26), the absolute value
of the Xxn(n) and active impedance XACTxn (n) under different
harmonic order can be plotted as Fig. 3.

The similar deduction steps to obtain VDCf in (8)–(10) can
also be used to deduce the required dc-link voltage VDCh for
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Fig. 3. Absolute value of Xxn and active impedance XACTxn under
different harmonic orders.

harmonic current compensation as follows:

VDCh = max
(√

6 · Vinvah ,
√

6 · Vinvbh ,
√

6 · Vinvch
)

= max

⎛
⎝√

6

√√√√
∞∑

n = 2

(Xan · ILan)2 ,

√
6

√√√√
∞∑

n = 2

(Xbn · ILbn)2 ,
√

6

√√√√
∞∑

n = 2

(Xcn · ILcn)2

⎞
⎠.

(27)

In (27), ILxn is the load harmonic current, and the final VDC
in (28) is calculated as the sum of the square value of VDCf in
(10) and the square value of VDCh in (27):

VDC =
√

V 2
DCf + V 2

DCh = max

⎛
⎝√

6

√√√√
∞∑

n = 2

(Xan · ILan)2 ,

√
6

√√√√
∞∑

n = 2

(Xbn · ILbn)2 ,
√

6

√√√√
∞∑

n = 2

(Xcn · ILcn)2

⎞
⎠ .

(28)

In (28), ILxn is premeasured from the loading and Xxn is
obtained from Fig. 3. To guarantee a sufficient VDC for TCLC-
HAPF compensation, VDC is designed based on worst case ILxn
during the premeasured period.

C. Design of Lc for Current Ripple Filtering

The purposed of Lc is to filter out the current ripple caused
by the power switches of the active inverter part. The value of
the Lc can be designed as follows:

Lc ≥ VDC

8 · fs · ΔiLc max
(29)

where VDC is the dc-link voltage, fs is the switching frequency,
and ΔiLc max is the maximum allowed output current ripple
value.

D. Summary of TCLC-HAPF Parameter Design

Based on previous discussions, the proposed parameter de-
sign method of TCLC-HAPF under three different types of

Fig. 4. Control block diagram of TCLC-HAPF.

loadings can be summarized in Table II. Once the ranges of
ILxn and QLx are premeasured, the TCLC-HAPF parameters
can be designed accordingly by those equations in Table II.

IV. CONTROL STRATEGY OF TCLC-HAPF

In this section, the control strategy of TCLC-HAPF is sepa-
rately into two parts: 1) the TCLC part; and 2) the active inverter
part. The overall control block diagram of TCLC-HAPF is pro-
vided in Fig. 4.

A. TCLC Part Control

According to (11), the required TCLC impedance can be
calculated through QLx and V̄x . QLx and V̄x can be calculated
in real time as follows:⎡

⎢⎣
qLa

qLb

qLc

⎤
⎥⎦ =

⎡
⎢⎣

va · iDLa − vD
a · iLa

vb · iDLb − vD
b · iLb

vc · iDLc − vD
c · iLc

⎤
⎥⎦ (30)

V̄x = ‖v‖
/√

3 =
√

v2
a + v2

b + v2
c

/√
3 (31)

where vD
x and iDLx can be obtained by delaying vx and iLx by

a phase angle of 90°. qLx is the phase instantaneous reactive
power. Then, QLx ≈ −q̄Lx/2 can be obtained by passing qLx in
(30) though low-pass filters [13]. ‖v‖ is the norm of three-phase
instantaneous load voltage.

After obtaining QLx ≈ −q̄Lx/2, the required Xxf can be ob-
tained from (11), that is controlled by the firing angle αx through
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(12). However, (12) does not have a closed-form solution. A
lookup table has been installed to directly obtain the firing angle
αx with the known Xxf . By comparing the firing angle αx with
the phase angle of the voltage between TCLC part (Vx − Vnf ),
the trigger signals to control the thyristors can be obtained. The
phase angle of voltage between TCLC part (Vx − Vnf ) can be
expressed as follows:

⎡
⎢⎣

φV af − V nf

φV bf − V nf

φV cf − V nf

⎤
⎥⎦

=

⎡
⎢⎢⎢⎢⎢⎢⎢⎢⎣

θa − tan−1
(

Xcf − Xbf√
3(Xbf + Xcf )

)

θb − tan−1
(

Xaf − Xcf√
3(Xaf + Xcf )

)

θc − tan−1
(

Xbf − Xaf√
3(Xbf + Xaf )

)

⎤
⎥⎥⎥⎥⎥⎥⎥⎥⎦

tan−1 θ∈[−90◦,90◦]

(32)

where θx is phase angle of load voltage Vx which can be ob-
tained by using phase-lock loop. By comparing the αx with
φV xf − V nf , the trigger signals to control thyristors can be ob-
tained.

B. Active Inverter Part Control

For the active inverter part control, the modified synchronous
reference frame method: instantaneous active and reactive cur-
rent id − iq method [22] is implemented to improve the current
harmonic compensation performance. Specifically, the active
inverter part is generating the compensating current icx to track
its reference value i∗cx by using current hysteresis PWM control
due to its simplicity of implementation, fast dynamic response,
and good current-limiting capability. And the reference i∗cx can
be calculated as follows:

⎡
⎢⎣

i∗ca

i∗cb

i∗cc

⎤
⎥⎦ =

√
2
3
·

⎡
⎢⎢⎣

1 0

−1/2
√

3/2

−1/2 −√
3/2

⎤
⎥⎥⎦ ·

[
cos θa −sin θa

sin θa cos θa

]
·
[
ĩd

iq

]

(33)
where id and iq are the instantaneous active and reactive current,
which contain both dc components and ac components. The ac
component ĩd is obtained by passing id through a high-pass
filter. And id and iq can be obtained as follows:

[
id

iq

]
=

[
cos θa sin θa

−sin θa cos θa

]
·
[
iα

iβ

]
. (34)

In (34), iα and iβ in αβ plane are transformed from abc plane
as follows:

[
iα

iβ

]
=

[
1 −1/2 −1/2

0
√

3/2 −√
3/2

]
·

⎡
⎢⎣

iLa

iLb

iLc

⎤
⎥⎦ (35)

where iLx is the phase load current.

TABLE III
PARAMETER DESIGN FOR (A) UNBALANCED INDUCTIVE LOADS

COMPENSATION

Conventional Proposed
method [18] method

Required
Xx f

X a f = −28.0,
Xb f = −41.6,

X c f = −25.7 (37)

X a f = −27.2, Xb f =
−50.5, X c f = −20.9 (11)

CP F design
by (18)

[107, 74, 116 μF]m a x ≤
CP F ≤ 2026 μF

[111, 61, 141 μF]m a x ≤
CP F ≤ 2026 μF

LP F design LP F ≤ LP F ≤
by (16) [94, 137, 86 mH]m in [92, 165, 71 mH]m in

TABLE IV
PARAMETER DESIGN FOR (B) MIXED INDUCTIVE AND CAPACITIVE LOADS

COMPENSATION

Conventional Proposed
method [18] method

Required
Xx f

X a f = −45.2,
Xb f = 49.4,

X c f = −56.5 (37)

X a f = −36.3,
Xb f = −88.2,

X c f = −23.2 (11)
CP F design
by (18)

[68, –67, 54 μF]m a x ≤
CP F ≤ 2026 μF

[84, –36, 129 μF]m a x ≤
CP F ≤ 2026 μF

LP F design LP F ≤ LP F ≤
by (22) P [156, 54, 195 mH]m in [134, 52, 324 mH]m in

V. SIMULATION CASE STUDIES

In this section, simulation case studies are provided to ver-
ify the proposed parameter design method for TCLC-HAPF
which can perform full compensation under different unbal-
anced loading, while the TCLC-HAPF with the conventional
design method [18] cannot always perform full compensation.

Two sets of testing loads are constructed for compensations
namely: 1) unbalanced inductive loads; and 2) mixed inductive
and capacitive loads. Referred to Fig. 2(a), with the V̄x = 110V,
the active and reactive powers of two sets of testing loads are
given as follows:

⎡
⎢⎣

PLa + jQLa

PLb + jQLb

PLc + jQLc

⎤
⎥⎦ =

⎡
⎢⎣

435 + j432

571 + j291

629 + j470

⎤
⎥⎦ (36.a)

⎡
⎢⎣

PLa + jQLa

PLb + jQLb

PLc + jQLc

⎤
⎥⎦ =

⎡
⎢⎣

185 + j268

425 − j245

745 + j214

⎤
⎥⎦ . (36.b)

Through the conventional parameter design method [18], Xxf
calculated by conventional method is expressed as follows:

⎡
⎢⎣

Xaf

Xbf

Xcf

⎤
⎥⎦ =

⎡
⎢⎣

V̄ 2
x

/
QLa

V̄ 2
x

/
QLb

V̄ 2
x

/
QLc

⎤
⎥⎦ . (37)

Based on load power given in (36.a) and (36.b), the param-
eter design procedures of the conventional [18] and proposed
methods are summarized in Tables III and IV.
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TABLE V
DESIGN OF TCLC-HAPF BY APPLYING THE CONVENTIONAL AND

PROPOSED DESIGN METHODS

CP F LP F VD C (28) Lc (29)

Conventional method 120 μF 30 mH 60 V 5 mH
Proposed method 160 μF 30 mH 60 V 5 mH

Fig. 5. Dynamic performance by using TCLC-HAPF with conventional
design method [18] for unbalanced inductive loads compensation: (a)
vsx and isx , (b) Qsx , and (c) Psx .

To obtain the parameter values in Table V, the following three
conditions are required to be satisfied simultaneously.

1) Since TCLC-HAPF aims to compensate both unbalanced
inductive loads and mixed inductive and capacitive loads,
their corresponding design values (CPF and LPF ) should

Fig. 6. Dynamic performance by using TCLC-HAPF with the proposed
design method for unbalanced inductive loads compensation: (a) vsx
and isx , (b) Qsx , and (c) Psx .

satisfy the conditions listed in Tables II and III simulta-
neously.

2) To prove the conventional method may provide insuffi-
cient compensation range, the conventionally designed
CPF should be within the range calculated by the con-
ventional method and outside of the range calculated by
the proposed method simultaneously.

3) The designed component values should be the commonly
used experimental component values in the laboratory.

By satisfying the previous conditions, the final selected CPF
value using the conventional method is 120 μF (two parallel-
connected CCB65-AC450V-60 μF capacitors), and the final se-
lected CPF value using the proposed method is 160 μF (two
parallel connected CCB65-AC450V-80 μF capacitors). Fol-
lowing the same design process of CPF , LPF is selected as
30 mH. Besides, according to the constructed loading harmonic
current (ILxn ) in Sections IV and V, VDC is designed to be
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Fig. 7. Dynamic performance by using TCLC-HAPF with the conven-
tional design method [18] for mixed inductive and capacitive loads com-
pensation: (a) vsx and isx , (b) Qsx , and (c) Psx .

60 V (28), which is sufficient for compensations. Also, accord-
ing to simulation and experimental settings (fs = 5 kHz and
ΔiLcmax = 0.4 A), Lc is designed to be 5 mH, which can
satisfy (29) (>3.75 mH).

To compensate the two sets of testing loads as shown in
(36.a) and (36.b), the TCLC-HAPF designed by the con-
ventional method [18] and the proposed method are applied.
Figs. 5–8 show the simulation compensation results of source
voltages (vsx ) and currents (isx ), source reactive (Qsx ) and ac-
tive power (Psx ) before and after TCLC-HAPF compensation.
Figs. 8 and 9 show phasor diagrams of source voltages and cur-
rents. Table VI summarizes the simulated compensation results.
In this paper, with referenced to the IEEE standard 519-2014
[23], the current THDisx is required to be lower than 15% un-
der conditions of ISC/IL ∈ [ 100, 1000 ] (this laboratory-scaled
setup) and THDisx = TDDisx = 15% at the worst case anal-
ysis [18].

Fig. 8. Dynamic performance by using TCLC-HAPF with the proposed
design method for mixed inductive and capacitive loads compensation:
(a) vsx and isx , (b) Qsx , and (c) Psx .

After the TCLC-HAPF compensation with the conventional
design method, the fundamental source reactive power of phases
a and c (unbalanced inductive loads in Fig. 5) and phase c (mixed
inductive and capacitive loads in Fig. 7) cannot be compensated
to be close to zero, and the fundamental source active powers
are not balanced for both loadings cases. The source voltage
and current are not all in phase with each other after compensa-
tions as shown in Figs. 9 and 10. From Figs. 5(a) and 7(a) and
Table VI, the worst phase source current total harmonic dis-
tortions (THDisx) after TCLC-HAPF (by the conventional
method) compensation are 11.5% for unbalanced inductive
loads case, and 18.5% for mixed inductive and capacitive loads
case, in which the compensated THDisx = 18.5% does not sat-
isfy the IEEE standard (THD < 15%) [23]. The source current
unbalanced factor (UBIfS ) is 12.0% for unbalanced inductive
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Fig. 9. Simulated phasor diagrams of vsx and isx for unbalanced in-
ductive loads compensation: (a) before compensation, (b) after TCLC-
HAPF (by the conventional method [18]) compensation, and (c) after
TCLC-HAPF (by the proposed design method) compensation.

TABLE VI
SIMULATION RESULTS FOR UNBALANCED LOADS COMPENSATION BEFORE

AND AFTER TCLC-HAPF COMPENSATION

∗Notes the shades areas mean undesirable results.

Fig. 10. Simulated phasor diagrams of vsx and isx for mixed induc-
tive and capacitive loads compensation: (a) before compensation, (b)
after TCLC-HAPF (by the conventional method [18]) compensation, and
(c) after TCLC-HAPF (by the proposed design method) compensation.

loads compensation and 24.1% for mixed inductive and capac-
itive loads compensation, respectively.

With the proposed parameter design method, the TCLC-
HAPF can balance the three-phase active power and compensate
the reactive power for both loading cases as shown in Figs. 6
and 8 and Table VI. As shown in Figs. 8 and 9, the source
voltage and current are in phase with each other after TCLC-
HAPF compensation. Moreover, the THDisx has been reduced
to less than 6% for unbalanced inductive loading compensation
and 10% for mixed inductive and capacitive loading compen-
sation, which can satisfy the IEEE standard [23]. In Table VI,

Fig. 11. Experimental setup of the 110 V–5 kV·A TCLC-HAPF experi-
mental prototype.

it is shown that the source current unbalanced factor (UBIfS )
is less than 3.0% after compensation by TCLC-HAPF with the
proposed design method.

VI. EXPERIMENTAL RESULTS AND DISCUSSIONS

A. Experimental Results

In this section, a 110 V–5 kV·A experimental proto-
type of TCLC-HAPF with the proposed design method is
built in laboratory as shown in Fig. 11. The digital con-
trol system of the TCLC-HAPF is digital signal processor
TMS320F2812, and the sampling frequency of the control
system is 25 kHz. The switching devices for the inverter are
Mitsubishi IGBT intelligent power modules PM300DSA060.
And the switching devices for the TCLC are thyristors
SanRex PK110FG160. Moreover, the experimental parame-
ters of the TCLC-HAPF and the test loadings are basically
the same as the above simulation in Table V and (36.a)
and (36.b).

From Figs. 12(a) and 13(a), after TCLC-HAPF compensa-
tion, the worst phase PF has been compensated from original
0.56 for unbalanced inductive loads and 0.60 for mixed induc-
tive and capacitive loads to 0.99. The worst phase THDisx have
been compensated to 9.5% and 10.6% from the original 22.7%
for unbalanced inductive loads and 38.6% for mixed inductive
and capacitive loads, which can meet the IEEE standard (THD
< 15%) [23]. From Figs. 12 and 13(b) and (c) and Table VII,
with the proposed parameter design method, the TCLC-HAPF
can compensate the fundamental reactive power from 460, 150,
and 450 var for unbalanced inductive loads and 260, –150,
and 290 var for mixed loads to almost zero. Also, the pro-
posed TCLC-HAPF can balance the fundamental active power
from 310, 520, and 600 W to about 530 W for unbalanced in-
ductive loads and from 230, 510, and 680 W to about 500 W
for mixed loads. As shown in Fig. 14, the source voltage and
current are in phase with each other after TCLC-HAPF com-
pensation. Moreover, the UBIfS is less than 5.0% after com-
pensation from the original 43.1% and 54.3% for two sets of
loading.
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Fig. 12. Dynamic unbalanced inductive loads compensation by using
TCLC-HAPF with the proposed design: (a) vsx and isx , (b) Qsx , and
(c) Psx .

B. Discussions and Error Analysis

The experimental results as in Figs. 12–14 and Table VII
are consistent with the simulation results as in Figs. 6, 8–10,
and Table VI, which verifies that the proposed TCLC-HAPF
modeling and parameter design method can achieve superior
compensating performance for unbalanced compensation when
compared with the conventional design method [18]. Table VIII

Fig. 13. Dynamic mixed inductive and capacitive loads compensation
by using TCLC-HAPF with the proposed design: (a) vsx and isx , (b) Qsx ,
and (c) Psx .

shows the comparison between the conventional TCLC-HAPF
parameter design method and the proposed one.

However, comparing Tables VII and VI, there are differences
between simulation and experimental results, which are actually
due to the equivalent series resistance in hardware components,
the difference of the resolution of the transducers, the digital
computation error and the noise in the experiment. Also, these
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TABLE VII
EXPERIMENTAL RESULTS FOR UNBALANCED LOADS COMPENSATION

BEFORE AND AFTER TCLC-HAPF COMPENSATION

∗Notes the shades areas mean undesirable results.

Fig. 14. Experimental phasor diagrams of vsx and isx compensa-
tion: (a) before compensation for unbalanced inductive loads, (b) after
TCLC-HAPF compensation for unbalanced inductive loads, (c) before
compensation for mixed inductive and capacitive loads, and (d) after
TCLC-HAPF compensation for mixed inductive and capacitive loads.

TABLE VIII
COMPARISON BETWEEN THE CONVENTIONAL TCLC-HAPF PARAMETER

DESIGN METHOD [18] AND THE PROPOSED ONE

Modeling TCLC part Advantages Disadvantages
design

Conventional
TCLC-HAPF
design [18]

Single-phase
modeling

Max. phase of
premeasured

QL x

Smaller
parameter values

Insufficient
compensation

range/poor
performance

Proposed
TCLC-HAPF
design

Unbalanced
three-phase
modeling

Inner flow
unbalanced

power and max.
phase of

premeasured
QL x

Sufficient
compensation

range/good
performance

Slightly larger
component values

TABLE IX
COMPARISON BETWEEN THE CONVENTIONAL METHOD [18] AND THE

PROPOSED METHOD

factors can affect the TCLC-HAPF compensation performances
in experimental results.

VII. CONCLUSION

In this paper, a three-phase modeling of TCLC-HAPF for
unbalanced compensation was proposed instead of using the
conventional equivalent single-phase modeling. Based on the
above proposed modeling, the parameter design method for
TCLC-HAPF was proposed considering inner flowed unbal-
anced power among each phase in order to obtain a sufficient
compensation range. To prove the advantages of the proposed
method over the conventional one in Table VIII, representative
simulation and experimental results were given. It is proved that
the TCLC-HAPF can balance the source active power, compen-
sate loading reactive power and harmonic currents, while the
conventional parameter design method cannot achieve satisfac-
tory compensation due to its insufficient compensation range
design.

APPENDIX

A. Comparison Between the Conventional and
Proposed Modeling Methods

A case study is provided to prove the advantage of the pro-
posed modeling method over the conventional one [18]. Refer-
ring to Fig. 1, the unbalanced phase load apparent powers are
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assumed to be
⎡
⎢⎣

PLa + jQLa

PLb + jQLb

PLc + jQLc

⎤
⎥⎦ =

⎡
⎢⎣

435 + j432

571 + j291

629 + j470

⎤
⎥⎦ . (38)

The phase load currents �ILxf can be calculated as follows:

⎡
⎢⎢⎣

�ILaf

�ILbf

�ILcf

⎤
⎥⎥⎦ =

⎡
⎢⎢⎢⎢⎣

[
(PLa + jQLa)

/
�Va

]∗
[
(PLb + jQLb)

/
�Vb

]∗
[
(PLc + jQLc)

/
�Vc

]∗

⎤
⎥⎥⎥⎥⎦

=

⎡
⎢⎣

5.57∠ −44.8o

5.82∠ −147.0o

7.13∠83.2o

⎤
⎥⎦

(39)
where the rms value of load voltage is given as: V̄x = 110V,
where �Va = V̄x∠0o , �Vb = V̄x∠ −120o , and �Vc = V̄x∠120o .
The comparison between the conventional method [18] and the
proposed method are shown in Table IX.

Based on previous comparison, it can be shown that
the conventional method can compensate Qsx while it can-
not balance Psx(Psa �= Psb �= Psc and Qsa = Qsb = Qsc =
0). On the other hand, the proposed method can balance Psx
and compensate Qsx (Psa = Psb = Psc and Qsa = Qsb =
Qsc = 0). The proposed modeling has also been verified by
simulation (see Figs. 6, 8–10 and Table VI) and experimental
results (see Figs. 12–14 and Table VII).
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